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1
MULTI-LAYER ERROR CORRECTING
CODING

BACKGROUND

In wired or wireless transmissions and receptions, the
information being sent may become corrupted by errors
caused by system or environmental factors. Thus, transceiver
systems may incorporate the use of error correcting codes
(ECC) to check and correct potential errors contained in the
information (for example, data packets) received.

In wired transmission, data may be converted to electrical
or optical signals, which may be transmitted along a trans-
mission medium, such as a copper wire or a fiber optic cable.
Such transmission mediums may be designed to reduce exter-
nal interferences to the transmission signals, and to maintain
the integrity of the transmission signals. In wireless transmis-
sion, data may be converted to electromagnetic or optical or
sound signals, which may be transmitted with or without
directionality, openly through the atmosphere, space, and
terrestrial or water bodies. In other words, wireless transmis-
sion may take place through uncontrolled transmission
medium.

Regardless of transmission mediums, there is a need to
increase the efficiency of error correction in transceiver sys-
tems to reduce error rates and improve data integrity.

BRIEF DESCRIPTION OF THE DRAWINGS

FIG. 1 is a simplified block diagram with a transmitting
system and a receiving system.

FIG. 2 illustrates an exemplary transmitting system
according to an embodiment.

FIG. 3 illustrates an exemplary receiving system according
to an embodiment.

FIG. 4 illustrates an exemplary method according to an
embodiment.

FIG. 5 illustrates an exemplary method according to an
embodiment.

FIG. 6 illustrates an exemplary method according to an
embodiment.

DETAILED DESCRIPTION

FIG. 1 is a simplified block diagram with a transmitting
system 200 and a receiving system 300, which send and
receive information through a medium 900.

In wired transmission, data may be converted to electrical
or optical signals, which may be transmitted along the trans-
mission medium 900, such as a copper wire or a fiber optic
cable. Such transmission mediums may be designed to reduce
external interferences to the transmission signals, and to
maintain the integrity of the transmission signals. In wireless
transmission, data may be converted to electromagnetic or
optical or sound signals, which may be transmitted with or
without directionality, openly through the atmosphere, space,
and terrestrial or water bodies. In other words, wireless trans-
mission may take place through uncontrolled transmission
medium 900.

The transmitting system 200 may transmit data and the
receiving system 300 may receive data.

FIG. 2 illustrates an exemplary transmitting system 200
according to an embodiment.

The exemplary system 200 may include a segment trans-
former 202, a cyclic redundancy check (CRC) adder 204, an
error encoder 206, and a transmitter 208. The segment trans-
former 202 may segment and transform a data packet into a
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2

plurality of segments. The CRC adder 204 may add a CRC to
each of the plurality of segments. The error encoder 206 may
encode error correction to each of the plurality of segments
with the added CRC. The transmitter 208 may transmit the
encoded plurality of segments.

According to an embodiment, the segment transformer 202
may separate a data packet into a plurality of segments, and
transform each segment using a linear transform.

For example, a data packet of binary data for transmission
may have a packet size of M=16 Bytes, defined as M bytes as
B(0), B(1), . . ., B(M-1). The segment transformer may
segment the data packet into M/L segments, where L is an
integer greater than 2,1.e.2,3,4 .. ..

For example, if =2, the following segments W (k) may be
generated:

W(k)=[BQRBQR*e+1)] k=0,1,2, .. ., M/L-1.
If =3, the following segments W(k) may be generated:
W(k)=[B(*R)BG*+1)BG*+2)] k=0,1,2, . ..
M/L-1.

For the transform, in one embodiment, T(K)=C{W(k)}
where C is conversion from bits representation to 2°s comple-
ment format. A vector of unknowns (variable placeholder for
each segment) may be defined as follows:

*=[TOTTQ) . . . TM/AL-1a(0)T(0)a(1)
7). .. a(M/LZ-1)TM/L-1)]%,

where x has a size of 2*M/L, where the coefficients of
A=a(0) a(1) . . . a(M/L-1)] may be selected positive integer
numbers, such that the energy of the vector A=[a(0) a(1)
a(M/L-1)] may be minimal.

The segment transformer 202 may generate H, =y, where H
is a Hadamard matrix of size 2*M/L), and every set of M/LL
equations from the super set Hx=y are independent from each
other, so that the M/L equations of Hx=y may be solvable to
reverse-generate the M/LL original segments. y may be the
resulting segments generated by the segment transformer
202.

A Hadamard matrix may be defined by the following illus-
trative example.

Let H be a Hadamard matrix of order n. Then the parti-
tioned matrix

[ 2]

is a Hadamard matrix of order 2n.
Additionally, for example,
H of order 1, H,=[1] and
H of order 2,

" 1 1
2‘[1 —1}'

There may be many options for choosing/selecting the A
vector of coefficients. In one embodiment, A may be a set of
prime numbers.

According to an embodiment, the CRC adder 204 may
generate CRC code for each segment and add the CRC code
as extra bits to each segment of y, for example as bits before
or after each segment. CRC code may be chosen for system
200 based upon the size or the length of the data packet or the
individual segments, to maximize error detection during error
check.
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According to an embodiment, the error encoder 206 may
be a multi-channel forward error correction (FEC) encoder,
such as a Turbo encoder or a Viterbi encoder or a low-density
parity-check (LDPC) encoder. The error encoder 206 may
perform the forward error correction encoding on the seg-
ments of'y that contains the CRC coding. The error correction
encoding may be linear or non-linear.

According to an embodiment, the transmitter 208 may
modulate and transmit the encoded plurality of segments,
using various possible communication methods and medium.

System 200 may include other components such as
memory storage and controller to determine, calculate, and/or
select a set of processing parameters, such as the A vector, the
CRC coding parameters, the segment length [, and the error
encoder parameters. System 200 may determine or calculate
these parameters based upon the data packet, or may select
the parameters from tables of possible parameter sets based
upon the data packet. System 200 may also determine, calcu-
late, and/or select the parameters based upon past error per-
formance history, available processing resources, transmis-
sion bandwidth, user selections. System 200 may signal the
parameters to a corresponding receiving system 300, to
enable the receiving system 300 to decode and reverse gen-
erate the data packet using appropriate corresponding param-
eters.

In such embodiments as above, it is possible to increase the
efficiency of error correction in transceiver systems to reduce
error rates and improve data integrity.

Below illustrates the possible determination for CRC error
check setting and benefits of improved error correction per-
formance of the exemplary systems.

Assuming that the receiver of the decoding process knows
whether an equation in above is erroneous without aid of CRC
error check.

Assume that the bit growth per equation is

K, = logz(Z%) =1 +10g2(%)

Then, for each equation, there may be L. bytes+the growth
of bits or

—Q %k
Niits_in_Equation=8 "L+Kg

An equation will be erroneous or invalid, if there is at least
one erroneous bit. Thus, probability of erroneous equation,
Pryuation_grror=1 —p.2*%s, where p, may be the Viterbi error
probability curve, if the transceiver systems above uses Vit-
erbi error encoding/decoding.

There may be an error for every event such that the total
number of good equation may be less than M/L. In such case,

probability of error in one data packet may be represented as

pan (z*ﬂ)!

2M
(1 = PEquation_Error)" PEquation_Error L
M

L (2* - —n)!n!

P packet_error

From above, similar packet error probability may be
obtained for transceiver system using Turbo error encoding/
decoding for packet size of 128 bits. The results may be
similar to the Viterbi case, except that at signal to noise ratio
(SNR)>2, the packet error probability decreases rapidly.
Additionally, the results from exemplary transceiver systems
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with Viterbi error encoding/decoding may be better than
using Turbo error encoding/decoding alone in transceiver
systems.

In case when CRC error checks are added in the transceiver
systems, K - bits may be added to every equation in y and
the probability of error for the equation may be represented as

—Q %k
Niirs_in_Equation=8 "L+HK+K cpc.

An equation will be erroneous or invalid, if there is at least
one erroneous bit. Thus, probability of erroneous equation,
PE y = :l _p 8L+Kg+KCRC.

GUALION__LLFFOV e

CRC error checks ifan equation is valid or invalid. Because
of the cyclic nature of CRC error check, there may be cases
where there are enough errors in one segment that will
“move” the segment value to another segment value to cause
CRC error check to give a false valid, but this is still an error.
The probability of this occurrence may depend on the Ham-
ming Distance (HD) between two coded words/segment val-
ues.

This probability of non-detection of invalid equations by
CRC may be represented as P, ;.

If an equation is error free, the CRC error check will
declare that it is valid with probability of 100%.

Given 2*M/L equations in the exemplary transceiver sys-
tems, which may be represented as E,, E|, E,, E;, E,, . ..
Esngz_1, errors may occur such that there are less than M/L
valid equations. This may not depend on the CRC error check.

In some cases, there may be at least M/L valid equations,
because the CRC error check gave some false valid results.
Then the receiver system 300 may erroneously select M/L.
equations such that at least one equation contain errors that
were not detected because of the Hamming distance (prob-
ability of at least one equation containing errors not detected
represented as P, ).

For example, given M/L=5, 2*M/L. equations may be

Eg 012345672809

and may have status G B G B B G G G B G,

where G indicate good equation, and B indicate bad equation.
The CRC error check may determine the following results:
Resultss VVVXVVVVVV.

Thus, equations 1, 4, and 8 may be false valids.)

4
quation__Error

The probability of such sequence may be P,
(l _P‘qumn'on,]srror)6

That s, for the 4 errors, there may be 2* possible results for
CRC error check. For each possible result, there may be M/L.
equations randomly selected from the 6+(# of false invalids)
equations (here total of 9 equations to select from). Then,
there may be N; good equations and 2*M/L.-N, bad equa-
tions.

Assume that 2 bad equations resulted in false invalids from

CRC error check, the total number of selections of M/L
equations may be represented as:

(N +2)!

o2
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but there may be only Then, the probability of packet error may be derived and
represented as

(ND!

M\ /M 5
— — =
(Nl L)'(L)' o
Pracker_error_addition = Z Pcremny Py, and
NIZ'IZW' m=1
good possible results, therefore 0
(N; +2)! VD! Ppacker,error =
My My My M
N +2—— 1= (N ——=—l—=—! M_
( L)(L) ( L)(L) s ! (z*ﬂ)g o
E MiL(l — Prguation_Error) Piguation_Eror L " +
— —nl|ln!
pry (2* T n).n.
may be the number of bad possible results.
The total probability for this event may be represented as
20
(Ny +2)! v
o My My Loh
(Nl +2_I)!(I)! Z Peremn Powy
M m=1
(ND! 5 Ni=T
M My M
—— ! —— Y —=!
(ZL Nl)' (Nl L)'(L)' s oM 2
i W £ D1 Pual = Pua) Py . . . . .
2!(2I N, - 2)5 ﬁ For some Hamming distance (HD), it may be simplified:
—— ! =!
(Nl 2 L)'(L)'
30
8L+Kg+Kcpe
N, 8L+K,+K, -N,
Pu= D, Awgppe™(l-py O ROTHP
where Npp=1
M 35
Tt
Pawy = E———Prion oL = Piquation Eror)
01 Equation_Error Equation_Error) - where A,, may represent the total number of words/data

M
12— — ! . . . .
) '(2 L Nl)' values for a specific size data segment with distance N,.

For large Hamming distance (HD) such as 6 and above, it
40 may be simplified:
If there are m false valids, then the total probability above

. — 5 SL+Kg+K -5
may be derived and represented as Prg=Aspe (L=p e ER

For SNR of 2.5 dB and above, Pe may be assumed to be
45 1e-3, and hence Pud=~1e-15. Pz, », thus may affect only

M
(ZI - Nl)! in the cases where m=1 & 2 and in this cases still the Pz, v,
Perem, = M would be small enough such that the results in FIG. 2 would
m!(z— -N —m)!
L not be changed

According an embodiment, CRC coding may be chosen to
be CRC 12 with polynomial of 0x8F8, which may yield
! !
MmO A5=1452, A~13258.
(M +m- f)!(f)! (Nl - f)!(f)! ol pud)z'lg’Nl -m To further reduce the error probabilities, a CRC of 13 bits
_ Wrml " with polynomial 0x1909 may yield a minimal HD of 6 (see
(v +m— %),(ﬂ), 55 Table 1 below).

For a message (data segment) of 34 bits, the following

50

values for Ay, may be yielded.
TABLE 1
Message
size Poly A(HD=2) A(HD=3) A(HD=4) A(HD=5) AHD=6) A(HD=7) A(HD=8)

34 0x1909 0 0 0 0 2856 0 76010
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Assuming a 14 bits CRC with polynomial of 0x372B, for a
message (data segment) of 34 bits, the following values for
Ay, may be yielded.

8

is still possible that some of the determined valid equations
may be invalid (false valid equations) due to errors that cannot
be detected from CRC error checking. If processing resources

TABLE 2
Message
size Poly AHD=2) A(HD=3) AHD=4) AMHD=5) AMHD=6) AHD=7) AHD=38)
34 0x372b 0 0 0 0 1583 0 45914

As seen from above tables, specific CRC coding with spe-
cific polynomials may be chosen to reduce the values of A,
while keeping minimum Hamming Distance (HD) at 6, which
in turn may improve the result to Pud=1e-15 at Pe=1e-3.

Thus, it may be possible to diminish the effect of the CRC
false valids on the packet error probability.

FIG. 3 illustrates an exemplary receiving system 300
according to an embodiment.

The exemplary system 300 may include a receiver 302, an
error decoder 304, a CRC decoder 306, and a segment selec-
tor decoder 308. The receiver 302 may receive an encoded
plurality of segments. The error decoder 304 may decode
error correction in each of the encoded plurality of segments.
The CRC decoder 306 may decode CRC portion of the error
corrected plurality of segments. The segment selector
decoder 308 may select at least one of the segments based
upon the CRC portion of the segments and transform the at
least one segment into a data packet.

According to an embodiment, the receiver 302 may receive
and demodulate signals to generate an encoded plurality of
segments of data, using various possible communication
methods and medium.

According to an embodiment, the error decoder 304 may
be a forward error correction (FEC) decoder, such as a Turbo
decoder or a Viterbi decoder or a low-density parity-check
(LDPC) decoder. The error decoder 304 may perform the
forward error correction decoding on segments of y data that
contains CRC coding.

According to an embodiment, the CRC decoder 306 may
perform CRC decoding or CRC error check for each segment
and the CRC code of each segment of y, to determine which
of'the equations of Hx=y that are determined to be valid. The
result of the error check may be sent to the segment selector
decoder 308.

According to an embodiment, the segment selector
decoder 308, based upon the error check result, may select at
least M/L equations of Hx=y that are determined to be valid,
and solve the selected valid equations to reverse-generate the
M/L original segments. The segment selector decoder 308
may order and assemble the data packet from the solved M/L,
original segments.

If the system 300 determines, for example via the CRC
decoder 306 and/or the segment selector decoder 308, that
there are more than M/L valid equations of Hx=y, then the
segment selector decoder 308 may randomly select only M/L
valid equations out of more than M/L, valid equations, and
then solve for the M/L original segments.

If the system 300 determines, for example via the CRC
decoder 306 and/or the segment selector decoder 308, that
there are less than M/L valid equations of Hx=y, then the
system 300 may indicate an error, and/or perform remedial
measures such as signaling to transmission system 200 to
retransmit, such as using automatic repeat request (ARQ).

Additionally, ifthe system 300 determines, for example via
the CRC decoder 306 and/or the segment selector decoder
308, that there are more than M/L valid equations of Hx=y, it

20

35

40

45

on system 300 are available, the system 300 may perform via
the segment selector decoder 308 multiple sets of solving
using multiple different sets of M/L valid equations of Hx=y,
to verify whether the solutions from the multiple sets of
solving agree with each other. The number of possible com-
binations forming the multiple sets of solving may be large,
then random sample of a small number of different sets of
M/L equations may be used to perform quick verification. If
this verification determines that there may be at least one false
valid equation, then the system 300 may indicate an error,
and/or perform remedial measures such as signaling to trans-
mission system 200 to retransmit, such as using automatic
repeat request (ARQ).

In such embodiments as above, it is possible to increase the
efficiency of error correction in transceiver systems to reduce
error rates and improve data integrity.

FIG. 4 illustrates an exemplary method 400 according to an
embodiment.

At block 402, the segment transformer 202 may segment
and transform a data packet into a plurality of segments.

At block 404, the CRC adder 204 may add a CRC to each
of the plurality of segments.

At block 406, the error encoder 206 may encode error
correction to each of the plurality of segments with the added
CRC.

Atblock 408, the transmitter 208 may transmit the encoded
plurality of segments.

FIG. 6 illustrates an exemplary method 600, a detailed
example of encoding method, according to an embodiment.

Atblock 602, the segment transformer 202 may segment or
divide a data packet into M/LL sub-packets.

At block 604, the segment transformer 202 may transform
the M/L sub-packets into M/L real numbers, by for example,
deriving the 2-compliment form of each sub-packet.

At block 606, the segment transformer 202 may transform
the M/L real numbers into a N-sized vector, where N>M/L.

Atblock 608, the CRC adder 204 may add an error correc-
tion marker (such as CRC) to each element of the N-sized
vector.

At block 610, the error encoder 206 may encode forward
error correction to each element of the N-sized vector, where
each element includes the error correction marker.

Atblock 612, the transmitter 208 may modulate and trans-
mit the encoded sequence.

FIG. 5 illustrates an exemplary method 500 according to an
embodiment.

At block 502, the receiver 302 may receive an encoded
plurality of segments.

At block 504, the error decoder 304 may decode error
correction in each of the encoded plurality of segments.

At block 506, the CRC decoder 306 may decode CRC
portion of the error corrected plurality of segments.

At block 508, the segment selector decoder 308 may select
atleast one of the segments based upon the CRC portion of the
segments and transform the at least one segment into a data
packet.
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It is appreciated that the disclosure is not limited to the
described embodiments, and that any number of scenarios
and embodiments in which conflicting appointments exist
may be resolved.

Although the disclosure has been described with reference
to several exemplary embodiments, it is understood that the
words that have been used are words of description and illus-
tration, rather than words of limitation. Changes may be made
within the purview of the appended claims, as presently stated
and as amended, without departing from the scope and spirit
of the disclosure in its aspects. Although the disclosure has
been described with reference to particular means, materials
and embodiments, the disclosure is not intended to be limited
to the particulars disclosed; rather the disclosure extends to all
functionally equivalent structures, methods, and uses such as
are within the scope of the appended claims.

While the computer-readable medium may be described as
a single medium, the term “computer-readable medium”
includes a single medium or multiple media, such as a cen-
tralized or distributed database, and/or associated caches and
servers that store one or more sets of instructions. The term
“computer-readable medium” shall also include any medium
that is capable of storing, encoding or carrying a set of instruc-
tions for execution by a processor or that cause a computer
system to perform any one or more of the embodiments
disclosed herein.

The computer-readable medium may comprise a non-tran-
sitory computer-readable medium or media and/or comprise
a transitory computer-readable medium or media. In a par-
ticular non-limiting, exemplary embodiment, the computer-
readable medium can include a solid-state memory such as a
memory card or other package that houses one or more non-
volatile read-only memories. Further, the computer-readable
medium can be a random access memory or other volatile
re-writable memory. Additionally, the computer-readable
medium can include a magneto-optical or optical medium,
such as a disk or tapes or other storage device to capture
carrier wave signals such as a signal communicated over a
transmission medium. Accordingly, the disclosure is consid-
ered to include any computer-readable medium or other
equivalents and successor media, in which data or instruc-
tions may be stored.

Although the present application describes specific
embodiments which may be implemented as code segments
in computer-readable media, it is to be understood that dedi-
cated hardware implementations, such as application specific
integrated circuits, programmable logic arrays and other
hardware devices, can be constructed to implement one or
more of the embodiments described herein. Applications that
may include the various embodiments set forth herein may
broadly include a variety of electronic and computer systems.
Accordingly, the present application may encompass soft-
ware, firmware, and hardware implementations, or combina-
tions thereof.

The present specification describes components and func-
tions that may be implemented in particular embodiments
with reference to particular standards and protocols, the dis-
closure is not limited to such standards and protocols. Such
standards are periodically superseded by faster or more effi-
cient equivalents having essentially the same functions.
Accordingly, replacement standards and protocols having the
same or similar functions are considered equivalents thereof.

The illustrations of the embodiments described herein are
intended to provide a general understanding of the various
embodiments. The illustrations are not intended to serve as a
complete description of all of the elements and features of
apparatus and systems that utilize the structures or methods
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described herein. Many other embodiments may be apparent
to those of skill in the art upon reviewing the disclosure. Other
embodiments may be utilized and derived from the disclo-
sure, such that structural and logical substitutions and
changes may be made without departing from the scope ofthe
disclosure. Additionally, the illustrations are merely repre-
sentational and may not be drawn to scale. Certain propor-
tions within the illustrations may be exaggerated, while other
proportions may be minimized. Accordingly, the disclosure
and the figures are to be regarded as illustrative rather than
restrictive.

One or more embodiments of the disclosure may be
referred to herein, individually and/or collectively, by the
term “disclosure” merely for convenience and without
intending to voluntarily limit the scope of this application to
any particular disclosure or inventive concept. Moreover,
although specific embodiments have been illustrated and
described herein, it should be appreciated that any subsequent
arrangement designed to achieve the same or similar purpose
may be substituted for the specific embodiments shown. This
disclosure is intended to cover any and all subsequent adap-
tations or variations of various embodiments. Combinations
of the above embodiments, and other embodiments not spe-
cifically described herein, will be apparent to those of skill in
the art upon reviewing the description.

In addition, in the foregoing Detailed Description, various
features may be grouped together or described in a single
embodiment for the purpose of streamlining the disclosure.
This disclosure is not to be interpreted as reflecting an inten-
tion that the claimed embodiments require more features than
are expressly recited in each claim. Rather, as the following
claims reflect, inventive subject matter may be directed to less
than all of the features of any of the disclosed embodiments.
Thus, the following claims are incorporated into the Detailed
Description, with each claim standing on its own as defining
separately claimed subject matter.

The above disclosed subject matter is to be considered
illustrative, and not restrictive, and the appended claims are
intended to cover all such modifications, enhancements, and
other embodiments which fall within the true spirit and scope
of the present disclosure. Thus, to the maximum extent
allowed by law, the scope of the present disclosure is to be
determined by the broadest permissible interpretation of the
following claims and their equivalents, and shall not be
restricted or limited by the foregoing detailed description.

We claim:

1. A system, comprising:

a data packet segmenter dividing the data packets into

sub-packets;

a converter converting each of the sub-packets into a real

number representation in a respective sub-packet vector;

a transformer transforming the sub-packets vector into a

real number vector with a dimension size that is greater
than the dimension of the sub-packets vector;

an error detection marker adder adding an error detection

marker to each real number vector; and

a forward error correction encoder encoding error correc-

tion to each real number vector.

2. The system of claim 1, wherein the transformer performs
a linear transformation to transform each sub-packets vector
with the dimension size of M into a real number vector with
the dimension size of N, where N>M.

3. The system of claim 2, wherein the transformer trans-
forms based upon a Hadamard matrix of size 2M (H(2M)) and
a matrix C, to transform each sub-packets vector with the
dimension size of M into a real number vector with the dimen-
sion size of N, where N=2M.
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4. The system of claim 3, wherein the matrix C is a 2MxM
matrix comprising two diagonal matrixes, wherein a first
diagonal matrix has 1°s on the diagonal elements and is MxM
in size and placed on rows 1 to M of the matrix C, a second
diagonal matrix comprises integer numbers.

5. The system of claim 4, wherein the integer numbers
comprise prime numbers.

6. The system of claim 4, wherein the second diagonal
matrix with the integer numbers have minimum energy, such
that every set of M equations from a 2M equations of the
matrix C is solvable.

7. The system of claim 4, wherein the integer numbers are
selected such that the entropy would be minimized while
every set of M equations from a 2M equations of the matrix C
is solvable.

8. The system of claim 1, further comprising a transmitter
transmitting a sequence of the real number vectors.

9. The system of claim 1, wherein the transformer seg-
ments the data packet into equal length segments of data.

10. The system of claim 1, wherein the forward error cor-
rection encoder is a Turbo encoder or a Viterbi encoder or a
low-density parity-check (LDPC) encoder.

11. A method, comprising:

dividing, by a data packet segmenter, the data packets into

sub-packets;

converting, by a converter, each of the sub-packets into a

real number representation in a respective sub-packet
vector;

transforming, by a transformer, the sub-packets vector into

areal number vector with a dimension size that is greater
than the dimension of the sub-packets vector;

adding, by an error detection marker adder, an error detec-

tion marker to each real number vector; and
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encoding, by a forward error correction encoder, error cor-

rection to each real number vector.

12. The method of claim 11, wherein the transformer per-
forms a linear transformation to transform each sub-packets
vector with the dimension size of M into a real number vector
with the dimension size of N, where N>M.

13. The method of claim 12, wherein the transformer trans-
forms based upon a Hadamard matrix of size 2M (H(2M)) and
a matrix C, to transform each sub-packets vector with the
dimension size of M into a real number vector with the dimen-
sion size of N, where N=2M.

14. The method of claim 13, wherein the matrix C is a
2MxM matrix comprising two diagonal matrixes, wherein a
first diagonal matrix has 1°s on the diagonal elements and is
MxM in size and placed on rows 1 to M of the matrix C, a
second diagonal matrix comprises integer numbers.

15. The method of claim 14, wherein the integer numbers
comprise prime numbers.

16. The method of claim 14, wherein the second diagonal
matrix with the integer numbers have minimum energy, such
that every set of M equations from a 2M equations of the
matrix C is solvable.

17. The method of claim 14, wherein the integer numbers
are selected such that the entropy would be minimized while
every set of M equations from a 2M equations of the matrix C
is solvable.

18. The method of claim 11, further comprising transmit-
ting, by a transmitter, a sequence of the real number vectors.

19. The method of claim 11, wherein the transformer seg-
ments the data packet into equal length segments of data.

20. The method of claim 11, wherein the forward error
correction encoder is a Turbo encoder or a Viterbi encoder or
a low-density parity-check (LDPC) encoder.
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